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“MATHEMATICS, YOU SEE, IS NOT A SPECTATOR SPORT. TO
UNDERSTAND MATHEMATICS MEANS TO BE ABLE TO DO MATHEMATICS.
AND WHAT DOES IT MEAN TO BE DOING MATHEMATICS?”



A LETTER
FROM THE TEAM

Dear Reader,

As the October rains announce themselves outside our B2 FG
windows, we would like to introduce the first-ever issue of
Mathaapu!

What is this “mattappu”’/“math-uh-poo” we speak of, you ask?
Pronounced however you'd like, Mathaapu is a collective
effort by the students majoring in Mathematics and the
faculty from the Mathematics Group of the School of Arts and
Sciences, Azim Premji University, Bengaluru, materialized as a
magazine.

It features articles about Math born out of fierce debates in
class, stories of sudden eureka-like moments in late-night
tutorials, ideas amidst the monotony of an alarmingly long
problem set, or even impromptu chats over cups of coffee in
the cafeteria.

We hope that these stories paint you a colorful picture of
what it means to do Mathematics and that it sparks more
conversations about this subject that seems to draw us
together.

Grab that coveted couch at the library and ready yourselves as
we take you through ‘State-Equate-Relate’, Issue #1 of
Mathaapu!

Happy reading,
Team Mathaapu.
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pronounced mattappu

noun. firecracker

I shall let you in on a moderately well-kept secret..
*pause for suspense*

People associated with Mathematics at Azim Premji
University, Bengaluru are die-hard fans of George Pdlya!
What’s more, if you weren’'t one before, like me, you will soon
be coaxed, convinced, and pulled in by the enthusiasts sooner
than you expect.

“Polya was arguably the most influential
mathematician of the 20th century. His basic
research contributions span complex analysis,
mathematical physics, probability theory,
geometry, and combinatorics. He was a teacher
par excellence who maintained a strong interest
in pedagogical matters throughout his long
career.”

-H Taylor and L Taylor, George Pdélya: Master
of Discovery (Palo Alto, CA, 1993).

As a former skeptic, | invite the eyebrow-raisers, the on-the-
fencers, and the proud fans alike to join me in attempting to
understand exactly what it is about Pdlya that seems to have
us charmed so. Run through these pages as different students
majoring in Mathematics present interpretations of one of his
most famous questions- just what does it mean to work on our
subject?



Although we cover a range of perspectives, the articles,
artwork, and accounts in this magazine can be captured in a
three-word summary- state, equate, and relate. Learning
Mathematics, in this issue, can be understood through the
lens of stating, equating, and relating. Whether it is an
explanation of algorithms in multiplication or thoughts on
learning the subject, our contributors have deeply reflected
on how “doing” Mathematics takes shape in different
circumstances.

PERIODIC DRAWINGS BY ESCHER INSPIRED BY POLYA

So, sit back and take a moment to appreciate the puns that
we’'ve been generous with, the resources we’ve snuck in, the
raw sincerity thrumming through our magazine, and the
thoughtful conclusions drawn.

It is our hope that this issue celebrates the comfort of learning
our subject together and leaves you with a mattappu-like zeal
to chase the promise that this space holds in doing
Mathematics.

-Veda Maskey
Managing Editor



MATHAAPU

“THE PRACTICE OF MATH
MEANS ASKING QUESTIONS,
MAKING CONJECTURES,
EXPERIMENTING, TALKING,
COMING UP WITH WRONG
ANSWERS, LEARNING FROM
MISTAKES, COMING UP
WITH A CORRECT
ANSWER..."
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PICTURING MATH:

DOODLES, DIAGRAMS
AND INSIGHTS

Quite often, we find ourselves drawing doodles. It may be a boring
class where we land up making a doodle of the teacher's head or it
may be a long phone conversation with a friend and suddenly we find
ourselves with a doodle of geometric patterns, leaves or just clouds. We
also draw pictures and diagrams when we are listening to a lecture or
trying to solve a problem. What is the difference between doodles and
diagrams and is this difference important? Does it help us with
learning and doing mathematics? Is a diagram itself a mathematical

object?

A doodle is very often drawn spontaneously (without planning), is very
rough, and is an expression of the mental thought-processes of the
doodler. Many students and researchers doodle to help focus as well as

keep track of their thought processes and make notes.

L iterd
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Maryam Mirzhakhani was awarded
the Fields Medal in 2014 for her
deep contributions to geometry

and dynamical systems. In
particular, she looked at curves
called geodesics (curves

connecting two points that have
the shortest distance) on surfaces
that are curved and on which one
can do complex analysis.
Visualizing the curves and these
surfaces is hard, so doodles and
pictures help in getting insights.
Maryam would use long reams of
paper to make doodles, so much so
that her young daughter thought
that her mother was an artist.

fgf{'mdm{zj el ,.ﬁllemm e dumer

DOODLE BY MIRZAKHANI

Mathematical representations have
a wide variety: figures on the plane,
two-dimensional graphs to
represent functions and planar
curves, representations of three-
dimensional objects on the plane
to understand surfaces,
representation of solutions of
differential equations, dynamical
systems, combinatorics, graph
theory, and so on.

MATHAAPU

Each of these representations

helps in different ways: to
understand and represent
change, break down complex
phenomena into
understandable bits, guess
patterns, raise further

questions, help in coming up
with proof, etc.

Here is another Dbeautiful
example of a picture that
shows that the sum of odd
numbers is always a square of
some number. This could be
thought of as a visual proof or
proof without words. Such
"proofs" are very helpful in
giving insight and as an
educational tool.

THE SUM OF O

IS A SQ

So visual representation can

help not only get insights but

also a visual way of

understanding the result and a
way of proving it.

CLICK HERE FOR FURTHER INFORMATION ABOUT THE DEBATE OVER
PROOFS WITHOUT WORDS!


https://www.maa.org/press/periodicals/convergence/proofs-without-words-and-beyond-pwws-and-mathematical-proof
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Diagrammatic Representations of a Knot

While representations are useful in all branches of mathematics, the
real power can be seen in geometry and topology. It is really
fascinating to see how different visual representations of a knot lead to
a rich understanding not only of knots but a variety of interconnected
areas of mathematics. A knot is described by a function f: [0, 1] to R-
three, such that f(0) = f(1) and which does not intersect itself. It would
be a natural question to make a list of knots. Obviously, we do not want
to add a knot to the list if it has already appeared on the list. It seems
daunting to find which of these are "same", based on these abstract
descriptions. This is where diagrams help. Here we give different ways
of describing knots through diagrams and each of these is a rich area of
study. The various diagrammatic representations help us build
connections within Knot Theory as well as with other branches of
mathematics.

©| &
=d " [

PROJECTION OF TREFOIL KNOT (L)

CONVERTING A KNOT DIAGRAM
GRID DIAGRAM OF

Fa NP, WA

A GRAPH CORRESPONDING TO A KNOT

NTO ANOTHER KNOT DIAGRAM
RE

|
T FOIL KNOT (R)

CONVERTING A KNOT THEORY PROBLEM INTO ONE OF GRAPH
THEORY
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To tie this all up, we posed a question as to whether doodling is
different from drawing. Sunni Brown has explained this beautifully in
'The Doodle Revolution: Unlock the Power to Think Differently', and we
feel that both doodling and drawing diagrams would enhance our
mathematical understanding in different and surprising ways.

Are diagrams mathematical objects? Yes, in the sense that when we
start representing an idea/concept/process (in mathematics) it helps us
understand things better, illustrate our thoughts, helps us prove
theorems and calculate things and convey this to a fellow
mathematician.

The world of visual representation is a rich source for not only
understanding mathematics better but also opening up new directions
for investigation and helping us understand the connections between
branches of mathematics. They truly help us understand the richness of
the mathematical tapestry.

INTERESTED IN KNOWING MORE
ABOUT MATHEMATICS AND
REPRESENTATIONS?

E E BE SURE TO CHECK OUT THIS
— ARTICLE IN QUANTA MAGAZINE
B AND SCAN THE OR CODE TO
- VISUALIZE PROBABILITY AND
E : STATISTICS

I W :177EN 8Y SHANTHA sdusHdAN
I - AcutTy


https://www.quantamagazine.org/why-knots-matter-in-math-and-science-20220406/
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"EVERYTHING
AROUND YOU IS
MATHEMATICS“

Y 13?. fjg,D""'
1.:022 ?esw

SHAKUNTALA DEVI
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THERE ARE TWO MOTIVES FOR

READING A BOOK;

ONE, THAT YOU ENJOY IT;

THE OTHER, THAT YOU CAN
BOAST ABOUT IT. 56

-BERTRAND RUSSELL

Welcome to "The Math Shelf," where we recommend books
for math patrons! We'll feature books about math, books that
use math, and books that are just plain fun.

So whether you're a math whiz or just someone who's curious
about the world of humbers, be sure to check out the reads
we recommend! We promise you'll find something to your
liking.

m | =
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ALBERT EINSTEIN

Our top picks for the year include Charles Seife's, 'Zero: The
Biography of a Dangerous ldea’, 'Professor Stewart’'s Cabinet
of Mathematical Curiosities' by lan Stewart, and Eugenia
Cheng's, 'How to Bake Pi'.

Our Math faculty have also suggested a few of their favorite
reads, like 'Flatland', 'Mathematics and Its History', and
'Godel, Escher, and Bach: An Eternal Golden Braid' for the
semester, be it for learning or leisure!
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SO BEAT THE MONSOON BLUES OR QUEST
AFTER YOUR PERSONAL MATHEMATICAL
BIBLE THIS YEAR BY PICKING ONE OF
THESE READS OFF OF THIS METAPHORIC

SHELF!

An Edible Exploration
of the Mathematics

of Mathematics

The Pleasures ull(:uunting
I "% KORMNER

A ROMANCE
o Drmeensai OF MANY DIMENSIONS 2 %

» i Dimvasine
rorvreaxe By FEdwin A. Ab ==
:- LINKLAND
] .
Ty
i
o, T
[t Drmesoss
HU Pl e e Thees Dimeios
ot .
L ATEAND oo = m]
PACKLAND
T e

CLICK ON THE

Problem
Solving Through
Recreational
Mathematics

BonniE AVERBACH

AnD
Oriv CHEIN

R

P

HOW °
TO SOLVE IT
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PROFESSOR STEWART'S

CABINET &

MATHEMATIGAL
CURIOS lTl ES
a - )

IMAGES TO ACCESS REVIEWS!
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https://books.google.co.in/books/about/How_to_Bake_Pi.html?id=IwKCBgAAQBAJ&redir_esc=y
https://books.google.co.in/books/about/Problem_Solving_Through_Recreational_Mat.html?id=qtMoAwAAQBAJ&redir_esc=y
https://www.google.co.in/books/edition/Zero/HjXDDwAAQBAJ?hl=en&gbpv=0
https://books.google.co.in/books?id=wUdtVHBr-OQC&printsec=copyright&redir_esc=y#v=onepage&q&f=false
https://books.google.co.in/books/about/How_to_Solve_it.html?id=pgA8iUM6lbUC&redir_esc=y
https://books.google.co.in/books/about/Mathematics_and_Its_History.html?id=V7mxZqjs5yUC&redir_esc=y
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https://www.google.co.in/books/edition/Professor_Stewart_s_Cabinet_of_Mathemati/Y0Jggtb7DB0C?hl=en&gbpv=0

MATHAAPU

PAUL ERDOS
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The Math(e)matics of Learning and Teaching:
A Character Study
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a2t 3ruR g & At &t gk war-it § afora o frwar garar 81 ad
gfares & gfRTsrTg U3 I9ad RA=IR at ywke war g1 39F ugd at 7fora
& Iuaifrar f:dds e ot wzar g1 st & fAarwE A 519 Farar fF,
“Ig@T H AE Frars gt g, Atard adt gdt," at & ara are s &t g=iH
8¢l gd1 3T7 ude & uH fhar & 4 F g gwar @2 Nerw 71 o S
T8t & urar SR sitent k1 wfora & ATy Fe war| nfora | Mg AT e gar
& St g R M g ft wifua A &t wifAer war @ & st 79 99
u? gl afch grsuifAfaa a e g at a9 a8, Tt &1

‘NTH WA g HSST’ H dA@H STAQIEh, & 1 & =R ghar g, 394
frer gom 81 at nfora &t ag &g FI gawRar @ & wrgAredt v dromad
T kg GHtwor Al grarnl at aforaRaafadt &t farr f Iuar THT @y
! U 9is & ®U & T@dr gl af 9is St fa1R ur 9% ueTH gl 8, 39 disq
& ATl

‘€ 99 3ifh ¢ UfEw uah ulRig Su=ara g1 59d @@, ufgaa (Reara @
U foheaiR), &l sreagear o1 sifed wrafAer g g1+ 31k 39 arg It
@Y &l WA & AT Uar gfiehIor 1 STAUTA HIAT g1 39 ST AW
nfora @t Aege dis-ads ar g, ITdh gHftwur & afordia wrar & &g
qdAd Agl 94T, g A@H I fhER h urfyfa s g Iu=grq Y 90
& SIRY 39 GHiehRor &l srdater T ht WIgeh hifAr war g1
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nfora gerdarat A gffaa @ gF ara sitenl, Siwatgawhl, gfdga s s
$r sraw fenfdai F Rard a6t @ i F orud oy & goar § fF 39 ara
aitent Ky AT A1 FAT IR @ hdar 2 T uford 1 wford & ereTan
sitas # &g IuatT F8? gfgas @ & gs nfora &t atz Atz @ F=w ord

SMTAT ST ARl @? 37 99 Harell g & wfora &t guft ard @ar g1 wwag
sgfav & & gara aforg & g afes nforg a2 a7 &1

gg i1 Igrgon, nforg H@a & wA F o ardt fi agug agarg & aor
T gistterT AT &l g2Afd &1 agar, dihie € Tskdae, YU, JIHH 9
e R ftaw, Aifngea @ wrda)

aret oftent fAw gfaur & gzr g I/ onu AR oft guer AFA § fF frdd diw
<1 g1 T At Wifas ©u A giar 82 Wifasar & u? oar gu efaRaedg 6t
a1 &R Faha g2 gfders faan aterd/arers aret @ &1 Al srfvaea 82 o
at sifdca Wifass &7 SR gl af fhg wWyg & sif| s & ara g @ 82
IR FT AYdr g? Sii? I WY 1 A q o= Gy g2 & gard s
a1 312N 39 AseTaeil b ITY Ag I& hdT YR gl af gard g Sl hi-shie
q gsedae & gifSiera & & IWA § ofik 3 aret a2 39 Harel & IR
gl urd | gg cifSirT e siRyAfRs @ srasiar s & &4, saRd @
vfRraftaifed satadt as A & @4, Tpa dy 7 g @1 S gdar gl
39 cifSIrT ST & AT AT FY AT AT T U & ST ahd g, 94
dagad @ gy & v, RAwen ofier gda—w § daer @9 &
I, AT ST grgeAn-g § g & SR171 g aR fAardff g avor &
“rifora @< d< g Sra" S arau=rR @ IZINT w4 g1

wfora kY IuAtfrar & g« gz it et a5 Sid @ 39F fAg & i v g
gl
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nfora Sigi | A% ghar & agi |/ Sigi ITw IuAt fhar siar g sgdh g
w1 gicht 8 iR ohg wrAAl | IuAifrar & sz A gafra o«f adf gran
(21 oy wfora & arge Iugtfrar g @ 8) 1 ATUAT a& s sma wfora
T AR FEAdT SITdT g1 af ITANAr 1 I IARER 39 hfede [{wen
& Hd U & AT ATAT g1 gl @RI AqAH, gH FA9 TF gEY 4
AT 33T U1t & F2 giad 81 8/ d nforg &t wR{yE i arg st uar9
I8 urd Ot gogpd RAen @ sfRAde RQweq & aforg & @rma/Aae &
gEoTg @ grd Agl fOar urd1 39 et # wa fFenfdal K fd@rae & 39k
Rrgew afigaas & o sdaty wr 33 fr wyas FifAgr Rard a6 &)
g cifSuT ha MUkl Ystdae aSiaT a1 NfAae srasiar & wid 7 RE
STAT

AyAfeaw Y wRAEH K gaygzd st g ard §, at @ 39 & i3 of
digadl, uite Sfd 3 & 918 Tk GuET @ Syard @ | Hifdn wrgfaa of
&gl ST el g1 39 wisf@a d aftta & wida RAwen & gaar HifHa
@i Al @, Y Uk g A hl IR IR U At at Asg AdAd @I AT

el
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mafasw aforg & Iugifrar s & aw # arerdia wa & g ur dgue
dAdd g 3ma 3d s fAenAf sranm o1 kA9 # oredh fR@rd 2d €1
ASULrT d& ugd 39 sSiEgaferat, sient, gf3ast ot smu 4y« faar =g
g&d 8, “fhaa wgr ot dsgera aftrg d &7 & fAg?” “nfora gad g
81 8" ¢ar gdardt 39 ey & wad &1 ok 39 Ad gy siwEigawht &
arg+ “ggl sttaa & grd Rafadt 8" g &Y 39 e hvd ST ahd &1 T
nfora gad g adi 82 o cifSraa dSa & TR a1 &R grar {AF efiz
A% aifges eraar o1 gara €2 a1 39 B9 & Ay dermfSie gedaa a
¥ fRar ST gwRdar g7 A% 1Y 59 gardl & STa1d A8l g

ufora @ A7 Rear fagra aar & @ Star §1s1 & qAa i 33 go S«
FHATH A1 3rETAd A I I8 fhddt T @ gar g1 seong Ifia g ik &y
gRAATI gY 91 ¢ oitent, ufgas ofir Siweiuawhl snd g1 usr semara
AT 7 @ U9 HIA g1 STST ATEd g I1% AT AT d3g @ oAl ohr 31
Rarad g ik ha«r g=ma gl

PAUL ERDOS

I 177N 3Y OMKAR DEVLEK AR NG
I - cu Y



ARITH-ME-TICKLED

HOW MATH EXPOSED MY ASSUMPTIONS

Let me introduce myself. I'm Patle Quatchita Ratna and I'm from
Telangana. | did my BSc in Mathematics. | am currently doing a Master’s
in Education. | want to share my experience of learning maths.

During my school days, | was considered one of those students who
were good at solving mathematical problems in little time. | used to
score well on tests. | always read maths textbooks in my free time
before the teacher taught them in class. | even tried reading my
seniors’ mathematics textbooks and spent time understanding them. |
was amazed by the way topics get constructed in maths. For example,
if | know the concept of factors and multiples, | can find common
factors and multiples of given numbers. With these, | will also be able
to find the least common multiples and the highest common factors.
These can then be used to solve word problems and look at real-life
applications of these concepts. Without knowing the factors, you
cannot find the highest common factor.



Such basics in Mathematics are integral. Each concept always needs
some kind of prerequisite knowledge. | enjoyed doing maths, by which
I mean solving the problems given in the textbook.

When | came to college for my undergraduate, on the first day of class,
our instructor gave me a worksheet that contained only three
problems. | read the first question, ‘Prove that the set of prime
numbers is an infinite set.’ | felt puzzled. | thought it was common
sense that since natural numbers form an infinite set, prime numbers
also form an infinite set. But how do we prove that? It puzzled me!

Before | knew it, | began feeling frustrated with myself for not being
able to crack the very first question! The main issue was, 'Why would
someone want to prove or even think about proving a fact that the
prime numbers form an infinite set? Wasn't it a self-standing fact?"

When | thought about how | learned maths in school, | felt | took many
things for granted. | was able to understand the terms in the given
formula and was able to manipulate them. However, the manipulations
that | did were just problem-solving. As | kept solving, | became faster
but now, | don’t see that as learning maths. It may be only one aspect
of learning Maths amongst many others such as reasoning, conceptual
understanding, and the ability to write mathematically which | learned
at college.

Now, | find myself thinking about why we learn maths, rather than how
we used to. Many think that it is because it has applications in our daily
life. | don't feel that is correct. Even a person who hasn’'t gone to school
might be able to apply mathematical concepts well. From my
understanding, learning maths is connected to developing a way of
thinking. We learn to reason logically, think analytically, and improve
problem-solving skills. Most importantly, it pushes us outside the box
to think creatively. My perspective on Mathematics has certainly
changed. Somehow my love for Mathematics always encourages me to
explore in every possible direction.
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WHERE PAPYRUS MEETS PENCIL:

ANCIENT EGYPTIAN
_ MULTIPLICATION

Every mathematical journey is begun by studying the basic operations

of addition and multiplication. The algorithm for multiplication we
learn in school is called long multiplication. Long multiplication is an
excellent algorithm because it is easy, fast, and only requires us to
byheart the multiplication tables up to 10. But there is another even
ancient multiplication technique that requires almost no

memorization!

The Algorithm-

Let us see how to multiply 13 and 47. Make two columns on paper and
write 13 on the left and 47 on the right. Halve 13 (note the quotient 6
and discard the remainder) and keep doing this until you get 1. On the
right column, repeatedly double the numbers as many times as you
have to halve 13 to get 1. We will have the numbers 13, 6, 3, and 1 on the
left column. Correspondingly, we would have the numbers 47, 94, 188,
and 376 in the right column. Then strike off all the lines with an even
number in the left column- here it would be 6 on the left and 94 on the
right. Add the numbers left in the right column to get the product.
That is, 47 + 188 + 376 = 611. This is equal to 47 x 13.

8
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Now that we have understood the process using an example, let us
consolidate the steps in this algorithm.

1.Given two numbers, make two columns on paper and write the
smaller number in the left column and the larger one in the right
column.

2.Halve the number in the left corner. If the number is odd, for
example, 7, write the quotient 3 below and discard the remainder.
Keep doing this until you get 1.

3.0n the right column, you repeatedly double the numbers as many
times as you have halved.

4.Strike off all the lines with an even number in the left column.

5.Add the numbers not struck off in the right column to get the
product.

Why does it work?

The first observation is that if we simultaneously halve a number and
double the other, the product does not change. More precisely, x xy =

X/2 x (2y).

If instead of 13x47 if we were evaluating 16x47, we would then have only
used this principle. More precisely, we are saying 16 x 47 = 8 x 94 = 4 «x
188 =2 x 376 =1 x 752. Notice that the different lines in the two columns
correspond to the pairs we are multiplying. Further, the only odd
number in the left column is 1in the last row, so the number in the last
row in the right column is the product.

However, if we ever get an odd number on the left, we cannot divide it
perfectly by 2. We are in a sticky spot. But recall that any odd number
can be written as 2n +1. And (2n +1)xy =(2n) xy +y =n x (2y) + y. In
other words, when we throw away the remainder, we are missing out
on y. So, we should remember to add this at the end. That is why we
cannot cut the lines with an odd number in the left column.
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The Egyptian Algorithm

The Egyptians approached the problem in the opposite direction. They
had large tables of powers of 2. This allowed them to quickly express a
number in terms of powers of 2. For example, if we take the number 13,
the largest power of 2 smaller than 13 is 8. Express 13 and 8 + 5. Now,
the largest power of 2 less than 5 is 4. Express 5 as 4 + 1. Thus, we can
express 13 as 8 + 4 + 1 which is equal to the sum of 2 raised to 3, 2, and
0. Therefore, the following is true-

13 x 47 =(2°+2°+2)y x 47 =2°x 47 +2°x 47 +2" x 47 = 376 + 188 + 47

While the algorithm is easily understood, it is a bit tricky to write for a
general pair of numbers because we first need an algorithm to express
a number as the sum of powers of 2. The idea that was used in the
above example can be generalized.

Recursive Algorithm to Write a Number as a Sum of Powers of 2-

Suppose we want to express a number n as a sum of powers of 2. Take
the largest power of 2 that is less than or equal to n. More precisely,

2 raised to k < n but 2 raised to (k+1) > n. Then, we can express n = 2
raised to k + m. Thus, we have reduced the problem of writing n as a
sum of powers of 2 to the problem of writing m (which is a smaller
number) as a sum of powers of 2. This idea is called recursion and is a
central idea in many algorithms. If we keep repeating the process, the
smaller number will eventually become zero.

Given this algorithm, it is easy to write the Egyptian algorithm to
multiply two numbers.

1.Given two numbers, express the smaller number as a sum of powers
of 2.

2.Compute the product of the larger number and each element in the
above sum.

3.Add the results of the above products.

Binary Representation-
Representing a number as a sum of powers of 2 is extremely useful. We
saw how 13 was represented in this manner (see next page).

0
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13 =224+2°4+2" =1 x 2°+1x2°+0x2"+1 x2°

Thus, the number is determined by the coefficients of each power of 2,
which in this case was 1, 1, 0, and 1, we might just write 1101. This
representation of the number is called a binary representation. You
might have heard that numbers are represented in binary inside a
computer.

If a number is represented in decimal form, multiplication by 10
amounts to just adding a O at the end. On the other hand, if we want to
find the quotient when divided by 10 we just need to throw away the
last digit. Similarly, if a number is represented in binary, multiplication
by 2 amounts to just adding a O, and the quotient when divided by 2 is
obtained by throwing away the last digit. Thus, halving and doubling
becomes really easy if we represent the numbers in binary. So, if we
had used binary representation (instead of decimal representation)
then this is indeed the most natural algorithm for multiplication.

In fact, you should think of this algorithm as long multiplication for
binary! Notice that 47 in binary is 101111 and 13 in binary is 1101. We can
multiply two numbers represented in binary the same way we would
multiply two numbers represented in decimal. So, when we do long
multiplication, we get-

[ I
e e ]

11
P 1 1
1 1
0

[
s D s |
o

0
1 0
1011

P’

)
1
0

) 0
) 0
) 0

=t =k
e

1
1

We need to now add 101111 (which is 47 in decimal representation),
1011110 (which is 98 in decimal representation), 00000000 (which is O
in decimal representation), and 101111000 (which is 376 in decimal
representation). In other words, we are doing something very similar to
what we had done earlier!
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HOW EXPERIENCE
SHAPES UNDERSTANDING

Experiences and influences from people around us shape us
into who we are. | had some interesting conversations with
some of the Mathematics faculty members - Jam, Mohan,
and Tulsi - about their experiences as a student, and their
takes on teaching and imparting the Ilanguage of
Mathematics in their current profession.

While Mohan and Tulsi had vastly different schooling, they
both had a similar approach to understanding Mathematics
which led to them thoroughly enjoying and appreciating
the subject.

Tulsi talked about her high school experience wherein
students were given a hands-off approach and allowed to
set their own pace. They were given worksheets to work out
on their own. Mohan, on the other hand, went to a
traditional school and discovered that Maths textbooks
were written to be understood by students themselves. With
the help and encouragement of a very influential teacher in
his high school, he imposed self-paced learning for himself.

Mohan spoke about how it was drastically different to learn
Mathematics in Tamil; a language that he was fluent in; as
opposed to English, which he barely spoke at the time.
Being taught Mathematics in Tamil made him connect and
understand the concepts more clearly, making him realize
that he was good at the subject.

2 2
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DAVID HORSBURGH AT NEEL BAGH, AN ALTERNATIVE SCHOOL

His experience with undergraduate Mathematics was heavily
influenced by his time at MTTS (Mathematical Training and Talent
Search Programme) which changed the way in which he perceived
Mathematics.

Mohan also spoke about his experiences with ‘bad’ teachers from high
school, up until his post-graduation at IIT, and how that shifted his
interest toward Mathematics education. Unfortunately, he was actively
discouraged from taking up Mathematics education research because
he felt no one took it seriously at the time as the focus was usually
concentrated on pure Mathematics. He also spoke about how isolating
PhD was for him, and how it changed his perspective about teaching
Mathematics. He talked about the blatant caste-based discrimination
prevalent in IIT Madras, and how only a few people resorted to
discussions on the topic.

Jam spoke about his experiences with undergraduate Mathematics in
regard to discovering that there is a lot more to the subject than what
is usually prescribed in the syllabus. He drew similarities between
Mathematics and literature. “While we know that there is more beyond
the text when it comes to poems, we aren’'t necessarily aware that it is
the same for Mathematics”, he reflects. He elaborated on this by saying
that as part of a particular course, say Algebra, there is usually more
content than just traditional algebraic mathematics which students
may not realize immediately.
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All three instructors emphasized the importance of being conscious of
your audience when you are a teacher. Understanding your students
and learning as you go. They spoke about how useful assessments are
to teachers as it gives them an insight into how much their students
have really understood. They also believe that it is supposed to help
students understand where they stand. Tulsi highlighted the
importance of peer discussions and casual conversations around
Mathematics. Mohan specifically talked about how different teaching
is in principle compared to how it is practiced: the make-up of the
classroom and the involvement of students play a huge role in how you
end up teaching. Not every student in the classroom is going to take up
Mathematics seriously, however, it is important to give them an
interesting and enriching experience in the subject while they are still
here, in a Mathematics classroom.

. -
FEYNMAM, A RENOWNED TEACHER...

I 77N 3Y suNAYANA R T
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MY CAT-AND-MOUSE
RELATIONSHIP <«
WITH MATHEMATICS

STAY WITH US AS ASMA NARRATES THE UPS AND DOWNS OF HER
JOURNEY WITH MATH...

As | look back on this journey, | feel like my relationship with
Mathematics can be compared to that of a cat and mouse. Like a cat,
forever in search of a mouse, the subject of Math has perpetually been
after my soul. Since the beginning, at my homeschooled nursery, | used
to love studying but was often reduced to tears because | wasn’t able
to understand Maths. It is embarrassing to share that | used to shed
tears in front of the whole class even in the 5th and 6th grades because
of my inability to understand Mathematical concepts. | used to feel so
helpless while trying to make sense of it. This is how Maths became the
cat to my mouse, the Tom to my Jerry, always hunting.

TOM & JERRY
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A constant issue that | had
with Maths was that while in
other subjects | could have
believed myself somewhat well
prepared for the exam, in the
subject of Math, one can never
know which problem would
arrogantly confront you - like a
monster that one cannot fight

even with the relevant
weapons of formulas and
concepts. But somehow |
survived by resorting to
learning concepts and

memorizing the solutions to
the questions. Through this, |
got good scores. Then, in 9th
grade, | moved to a new
school, and the “ratta-fication”
or the rote-learning method
did not work anymore. At that
time, | was struggling with
almost everything in the new
school, be it language, culture,

assessments, friends, or my
ability to understand the
content. Fortunately, | was

granted a benevolent teacher
who led me through the
Mathematic arena. Maths

became my only comfort.

= ! /
THE POWER OF A GOOD
TEACHER

2
E-RELATE

TEACHING GEOMETRY

In any relationship, as the bond
grows stronger one learns the other
side of the coin. Even as my
interest in Maths increased, the
concepts of geometry plagued me.
Geometry provided a window to
the world of proofs but | found that
world to be an alien. The proofs by
construction were always a source
of confusion to me, primarily
because of their
counterintuitiveness.

However, while carrying the fear of
geometry in my heart, eliminating
other options led me to choose
Maths in 11th grade. And that was
the time when differentiation and
integration entered my life.

6
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| liked the concept of differentiation to a great extent and preferred it
to the mysterious enigma that is integration. | was frequently
overwhelmed by the many strategies that were used in each question
to get an answer.

In 12th grade, | practiced a lot of integration questions and the secret
finally made itself known. | liked solving those questions so much that |
used to lose track of time. Keeping this in mind, and after pondering
over many options, | decided to do a degree in Maths. | was completely
unaware of what I'll be learning in a B.Sc. B.Ed. Mathematics degree
before joining college. With a curious mind and a sneaky feeling that |
would be doing more complex questions, | entered university - amidst
a pandemic.

I was late for my first math class at university, a foundational course
called Introduction to Mathematical Thinking (Part 1). It was an online
class and when | entered, | was already in a breakout room with three
peers and a worksheet visible on the screen. | was surprised to see that
it contained simple questions of permutation and combination that
just required the use of direct formulas. However, the instructor then
told us that we should try solving those questions without using any
previously learned formulas. In this way, in the first few classes, |
realized that we are expected to deal with Mathematical problems
based on how we approach them and think about them rather than
what we know through formulas.

Later, | was working with a new group on a problem that led to the
moment when we derived permutation and combination formulas
while solving problems. We made use of logic involving making a
choice and considering possible options. Then in the next class, we got
the reasoning behind the number of possible subsets using functions
and the logic of possible options. That was my “A-ha” moment. | can’t
express in words how amazed and overwhelmed | felt at that moment.
Realizing the connection between set theory, functions, and
permutation/combination was the highlight of my Mathematical life.

28 L
AP




2
STATE-EQUATE-RELATE

ARIT; IME TICs
A,

L
5N

4 e

1_
o~

R
-""-...
W
H

H A B

L
iR af

a8,

:-'5' .Lr

2 -
s 1, 2, & 3.

PEANO, WITH WHOM BEGINS CALCULU

The second year of college started with the course Calculus 2. In the
first year, it was all about exploration. The real rigor of Mathematics
was introduced to us through this course. Understanding theorems and
applying them to prove other theorems was a difficult task. It was
frustrating to prove everything in the most rigorous and settled
manner. It used to become more frustrating to discover the
counterintuitive nature of proofs after spending days on it. The
distributions introduced in the probability theory added fuel to the
fire. At that point, | had lost all enthusiasm and my only motive was to
pass the courses and to just finish the degree.

With that sour ending of year two, the third year of university life
started. At that point, | realized that my friendship with Math is almost
broken. So, | decided to give it one more chance. | thought about doing
a mini-project under the guidance of a faculty member, which is a
modified version of the Josephus Problem - | will explain it here in
brief. Say, you have 5 people, which you refer to as a, b, ¢, d, and e. You
count in each person in order and eliminate or ‘kill’ whoever lands on
the number 5. So you start counting, 1—a, 2— b, 3—c¢, 4—d, 5—e, and so
e gets ‘killed’. Now, we will start counting from 1 again but this time ‘e’
is no longer in the game. So, 1—a, 2—b, 3—¢, 4—d, 5—a. Hence, ‘a’ gets
killed at the end of this turn. In the next turn we have, 1—b, 2—c, 3—d,
4—b, 5—c (since both ‘a’ and ‘e’ are out). Hence, ¢ gets killed here.
Following this we have, 1—b, 2—d, 3—b, 4—d, 5—b, and hence, b gets
killed.

TO KNOW MORE ABOUT THE JOSEPHUS
PROBLEM, CLICK HERE!


https://youtu.be/uCsD3ZGzMgE
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I talk about Maths now and then to my peers. | explore
interconnections between Mathematical concepts and come to know
different perspectives to look at the concepts, for instance, through
Maths education courses.

In this context, the cat and mouse’s bond is not as strong as it was in
the first year but not as weak as it was in the initial schooling years. |
can say, unlike the high school me, | don’t restrict Mathematics to just
problem-solving. | have moved beyond my initial collegiate years in
that | don’t see Maths as a playground to simply explore. | think it's a
rich domain, an interconnected and infinite web of ideas, skills,
techniques, explorations, and much more. To do Mathematics is to
enter the web fully aware that you will never be able to fully remove
the spider silk from your skin even though you leave with more
confusion than you began with. | know it’'s vague but that’'s the fun of
it; Maths is always like this, a filmy piece of lace with no beginning or
end, an abstract art.
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PAINTING BY ARPITA SINGH

THE MATHEMATICS OF
HINDUSTANI CLASSICAL

MUSIC WITH JIOO NIMKAR
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THE VENN, THE WHAT,
THE HOW, AND
THE WHY

For all the future (and present) Math teachers out there:
Check out our review of Gola Gola, a story that introduces
the concept of Venn diagrams.

"I'm going to gobble gulabi
golas at the mela today,”
she says. "It will make my
tongue nice and pink.”

MARIYU AS ILLUSTRATED BY AITHIHYA ASHOK KUMAR

When Mariyu, a school-going young girl decides to eat gola
at the mela, her friends ask her to bring golas of different
colors. Yohan, a friend of Mariyu, sees her struggling to
remember this and comes up with an idea to help her with
all the colors.

The book Gola Gola written by Aithihya Ashok Kumar
intends to introduce the idea of Venn diagrams to children.
However instead of using mathematical definitions and
terms, the book uses illustrations and colorful golas to
reach its goal. Creating secondary colors with the help of
primary colors is something most of us might have learned
in an art class. The author uses this overlap of colors to
explain the concepts of intersection and union.

REVIEWS
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Although the intersection between domains like mathematics and art
shown in the book is intriguing and possibly helps expand the
audience base, the question that prompts Yohan to help Mariyu, “How
will she remember everyone’s golas?” does not completely capture the
motivation behind using Venn Diagrams. They themselves don’t help us
in counting and it is only a method to represent the colors of the golas
that Mariyu’'s friends wanted. This being an example, the book does
come off at some point as one written by someone not necessarily
familiar with such concepts. If Mariyu wanted to count, she would have
to end up using formulas that we learn in higher secondary schools
which might be difficult to understand for the intended young readers.

Aside from this, the story seems like a good introduction to the
concept for young schoolgoers of around 1st to 3rd grade or even to
middle school children as a simple example of the somewhat difficult
concept of Venn diagrams. It was interesting to note that the
illustrations were trying to reinforce the presence of circles in the
children’s surroundings, including a giant wheel, bubbles, and a
moving pinwheel. | recommend this book as it not only includes
captivating and colorful illustrations but also helps children
comprehend the idea behind the story which makes it interactive and
educational at the same time.

@
b © " % v\ .

el &

St ".:,;.J o S, .

._,,tl"_.-._.. el 4;'; ]
P A T oy

e R y
0ty TACH S

LR - e

THE COVER OF GOLA GOLA

SCAN THIS QR CODE TO ACCESS 'GOLA
GOLA' ON STORYWEAVER.ORG

I v :177EN 3Y AsHA
I W 172 KASHISH ASWANL AND VEDA MASKEY B



3

3

MATHAAPU

aradi werm f g gF ard a1g g S A @ W Yo THe A Sugy & WieT &
91 g9 99 el # 1 & fAv s ufeh d @2 &, 9t gar aforg & fAeres smad o
&gl, “3f1St g gt &1 wfora & gas e g~ gad & AR gaa i afa g3 718 oz
Uit A a1g gF TaR gt o ATl H 3’9 ThA F dftwa gl U1, # gga # oft sr<er W,
a9 wfora @ A ara agi gadt o6t & arht Tft RQual § FrdY srweT U1 U R g
nforg &t sl S udten 2t off, Ot nfora & sres1 at gh=r & umi

AT YF UH AR Sfta &1 Agauc] g 97 war iR &t ur, “nfora 7 #Q sresr gon
S1A?” 99 U faa R 79 F onar 6 qF sarar | sarar 979 nforg & @1y adia
AT TSI 3R SATET & SATET UH 6 gl “Eias 81”7 A 77 & 97 i=ar i sy
fhar| gge Uy @i & 3@ @ 99 FUI | 7T, HS A A g Al man| St 3mg ar ot
Hiz1 gz & Topr A, o9 ft gF wwr Aaar, & A @ aforg & as ST goan w@ga J
sifafR<s wemait &, stk wfora & wsr &I dmI Fhr gga &m, gz MR- gRad=
Raar urisr gom gt we g, [t d gard adenm F aft & Fw siw e A, fh=g gw
a9 3 iy § nforg frar, usl & g R oz ggdi aid & guw g9 nforg & ar=d sil @
uTd gqI



3 4
STATE-EQUATE-RELATE

ggl ur A4 91y | 7forg uga i ard Fgh g7 HhA YT AT HT GHhd &, fh=g 0F g
# g 4, s1gr 9t nfora A and S &, ag =T ghar g1 had Uk a1d k1 g4 a1
TGHT g foh gardt af usi ol @7 h’A aUT ATUTRUMSAT bl GuFA Ht S aw wRy |
g1t oft, at smea A St arfge, gd gnem 1w &I TEAT g fora &l =St A
# U 3R Agayuf ugd & 3R at g wrunl eng R[A(A off wror # ugd g, IuA sudhi
3r=B gars gi-it Irfgul fhdt oft & & ar=d g & farg gd wrwr it emaa<wr g, nfora
| oft

B T W ST
Mf.'..-"i.;z‘.‘u | T

S P,

T P U Y8 b A1

39 BIT @ AW ¥ 31U 39 Jd Irdl ekl 3T ATY AT Jhd g1 7forg & eresr g1 & fag
TYIROMSAT hlt A HI UM HT g HIAT g1 HIE Yk QAT AHYE ST gl SAgl
nfora Y ard gt g et sruft srwr okt SR 3r=ST HXAT g, T at = g ar sinsh,

FiTeAT @ a1 S =g W _hm

I v = L7 TEN 3Y DEV MALLIK I
I c A 7cH ofF 2021 I



3

S

MATHAAPU

A FOLDED PERSPECTIVE

Read on as Dhanush explains his experiments with Origami
and circular paper in the Math Lab!

In the course “Experimental Methods and Mathematics”, as part
of the Mathematics program at APU, we tried to explore and
understand mathematics using Origami - the Japanese art of
making decorative shapes using paper, where cutting paper is
not allowed.

In the most traditional sense, shapes are made using a square
piece of paper. For constructing the shapes we wanted, like
equilateral triangles, pentagons, hexagons, etc., we had some
rules to follow. There were some folds we could do and some
that we couldn’t. These operations are what we called the Basic
Origami Operations, also known as B.O.O. We looked at the
geometric arguments behind Origami shapes, and also learned
to construct three-dimensional polyhedra. Inspired by this, we
started experimenting with circular paper. It initially took a lot
of time to even understand where to start the process. We
finally started off by using our explorations with the square
paper to direct us in the right way with circular paper.

avihlVIN
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The Origami Operations:

The first markers that we arrived at naturally were the center and the
diameter. So we started thinking about whether the existing BOOs for
square papers were enough to locate the center or if there was a
necessity for new B.0O.Os. The explorations led us to the addition of two
more B.O.Os, one as a result of the realization that identifying an arc on
the boundary of the paper inevitably creates another arc which is what
is remaining of the circumference. We called this action, boundary
partitioning. The operations used were as follows:

e Given a boundary partition into two arcs, we can make a fold such
that one arc is taken completely onto the other arc on the
boundary.

e Given a line and the boundary, we can locate their point of
intersection.

Using the above two, we locate the center and draw two diameters
that are perpendicular to each other (the axes).

In the figure below, the blue arc is the image of the red arc that falls on
the circumference which in the process results in the construction of
the diameter. Two such operations and we locate the center. Now
bisect a diameter and we have two perpendicular axes.

'S

/ . . : :
. Constructions using single circular

4 paper:
We started off with constructing regular
polygons with one circular piece of
paper. We also constructed simple
objects that were also made using

’ square paper so as to compare the
s crease patterns.

Regular N-Gons:
In order to get a square, we need to fold the paper along the blue

dotted lines as shown in the image as we already have the
perpendicular diameters.

6
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From these diameters, we can also construct the largest equilateral
triangle on a circular paper and prove this using geometrical
arguments. Using this triangle that we just made and with the help of
angle bisectors, we can make a regular hexagon as shown in the image.

Now that we made some basic shapes, we wanted to construct more
polygons from here, and using angle trisection, we theorized all
possible constructions. By trisecting the angles in a regular hexagon,
we constructed an 18-gon (an 18-sided polygon).

225

49 < 15
10 < 30 {5
180 < 60 == <i°

-

60 < 60, = ) 10
= 110< =20

Once we made enough polygons to find patterns, we moved on to try
some other objects making them with both square and circular paper.
Some examples of what we made are given below.

= |#83|69
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Modular Origami:

Interestingly, while working on this project, Pavan came up with a
modular unit of circular paper which we nhamed SECTOR-16 UNIT. Using
twenty-four of these units, we constructed an object shown in the
picture below that stays together due to friction between the units.

There were times when we were in the face of hurdles and did not
know how to proceed further. But the questions that this process of
mathematical struggle led us to think about, encouraged us to keep
trying. We thoroughly enjoyed working on this project and are satisfied
with the end result. We worked on creating something in Mathematics
which was fun!

FOR ENTHUSIASTS TO
EXPLORE!

Observing the crease patterns of the
crane, the flower, and the flash
vortex, we came up with a
hypothesis- objects with radial
symmetry can be created with both
circular and square paper giving
close results. While objects with
bilateral symmetry are not so close.

I V2177 EN B8Y DUANUSH KRIsUNA N
W .74 BHAVYA MAKAVARAPU AND PAVAN KuMAR B
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B THE "AVERAGE" MATH Il
Hl STUDENT AT APU... I

Ever wondered how the Math majors seem to be busy as bees
on campus? Or perhaps where how we seem to know a little bit

about nearly everything?

Check out Kavana's comic about the busiest bodies on campus!

MAETesT\ |

Loere is
AxEbele?
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MADE BY KAVANA KIRAN

"RUMOR HAS IT,
THIS COMIC IS
COMPLETELY TRUE,
EXCEPT FOR THE
PARTS THAT ARE
COMPLETELY MADE
UPII

-NOT FROM INVENTING
KAV (ANNA)
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Asma, Dev, Dhanush, Divakaran,
Jioo, Kavana, Omkar, Quatchita Ratna, and Shantha.
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BERTRAND RUSSELL

DEAR READER,

WE WOULD LIKE TO THANK YOU FOR MAKING IT ALL THE WAY
THROUGH OUR MAGAZINE! FEEL FREE TO REACH OUT TO THE
AUTHORS AND ARTISTS OF THIS ISSUE TO FURTHER EXPLORE THE
CONCEPTS SPOKEN ABOUT, HERE.

IF OUR THOUGHTS, IDEAS, AND STORIES HAVE INSPIRED SOME OF
YOUR OWN, CONSIDER SHARING THEM WITH OUR LARGER
COMMUNITY AT AZIM PREMIJI UNIVERSITY BY CONTRIBUTING TO OUR
NEXT ISSUE.

INTERESTED FOLKS CAN REACH OUT TO OUR FACULTY
COORDINATORS, SHANTHA BHUSHAN AND AJAYKUMAR K, AT THE
MATH DEPARTMENT!

WE STRIVE TO BE AN INCLUSIVE TEAM AND ENCOURAGE MULTI-
LINGUAL CONTRIBUTIONS.

UNTIL THEN,
TEAM MATHAAPU.
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ADDITIONAL CREDITS

COVER PAGE PHOTOGRAPH - SUDIPTA MONDAL

ARTWORK ON PAGES 12 AND 14 - PEN AND INK BY ARPITA
SINGH

DIAGRAMS ON PAGE 6:-
1.KNOTS, LINKS, AND LASSOS BY P.D. TUMANSKI.
2.EQUIVALENCE OF DUAL GRAPHS BY M. AZRAM.
3.GRID DIAGRAMS AS TOOLS TO INVESTIGATE KNOT SPACES
AND TOPOISOMERASE-MEDIATED SIMPLIFICATION OF DNA
TOPOLOQGY IN 'SCIENCE ADVANCES".

ARTWORK ON PAGE 39 - ADOLF ADLER'S 'JEWISH MAN
STUDYING'

THIS MAGAZINE WAS DESIGNED USING CANVA.

ALL OTHER IMAGES AND ILLUSTRATIONS USED IN THIS
MAGAZINE HAVE BEEN OBTAINED FROM THE PUBLIC
DOMAIN.
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